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Abstract. We calculate, within the pQCD parton model at leading orders, the expression of the polarization
P of spin 1/2 hadrons (typically Λ baryons), produced in polarized semi-inclusive DIS in all possible cases
in which weak interactions are involved. We discuss how to gather new information on fragmentation and
distribution functions and give numerical estimates in the cases for which data are or will soon be available.

1 Introduction

The polarization of spin 1/2 baryons inclusively produced
in polarized deep inelastic scattering processes may be use-
ful, if measurable, to obtain new information on polarized
distribution and fragmentation functions. A lot of atten-
tion has recently been paid to the self-revealing polariza-
tion of Λ’s and other hyperons [1–12]. Most papers, with
the exception of [5,8] and [11], do not consider weak inter-
action contributions, due to lack of available experimental
information.

The NOMAD collaboration have recently published
some very interesting results [13] on the Λ polarization
in νµ charged current interactions; more data might soon
be available from high energy neutral current processes
at HERA, due to electro-weak interference effects. It is
then appropriate and timely to perform a systematical and
comprehensive study of weak interaction contributions to
the production and the polarization of baryons in as many
as possible DIS processes. We stress that such contribu-
tions are an important source of new information, due to
the natural neutrino polarization and to the selected cou-
plings of W ’s to pure helicity states.

We consider weak interactions in the following pro-
cesses:

νp → �−Λ↑ +X (charged current),

ν̄p → �+Λ↑ +X (charged current),

�−p → νΛ↑ +X (charged current),

�+p → ν̄Λ↑ +X (charged current),

νp → νΛ↑ +X (neutral current),

ν̄p → ν̄Λ↑ +X (neutral current),

�p → � Λ↑ +X (neutral current),

where the lepton � and the proton p may or may not be
polarized, whereas the neutrinos are obviously always po-
larized (λν = −1/2, λν̄ = +1/2).

In our calculations we take into account the leading
twist factorization theorem, standard model elementary
interactions at lowest perturbative order and LO QCD
evolution only. Consequently the cross-sections for the
production of a hadron B in the current fragmentation
region are given by

dσ
dxdydz

=
∑

q

q(x,Q2)
dσ̂
dy

DB/q(z,Q2), (1)

where q(x,Q2) is the quark q distribution function, DB/q

(z,Q2) is the fragmentation function of the quark in the
detected hadron B, and dσ̂/dy is the elementary cross-
section. The usual DIS variables x, y and z are defined by
x = Q2/2p · q, y = q · p/� · p and z = pB · p/p · q (see also
AppendixB).

In Sects. 2–4 we consider separately the different pro-
cesses, and derive explicit expressions for the polarization
of a final baryonB in terms of elementary dynamics, quark
distribution and fragmentation functions. In Sect. 5 we
discuss how experimental data could be used to obtain
specific new information and give predictions for several
processes which might be of interest in the near future.
In AppendixA we give full information on the kinemati-
cal ranges and configurations for each of the experiments
in progress or planned, used to derive our numerical re-
sults. In AppendixB we discuss mass effects in the frag-
mentation process, to clarify differences and relationships
between different definitions of the variable on which the
fragmentation functions depend.

2 Charged current processes, νp → �Λ↑ X
and �p → νΛ↑ X

Let us consider first the neutrino initiated processes, νp →
�Λ↑X; for them, there exist 4 possible elementary contri-
butions, corresponding to the interactions
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νdj→ �−ui,

νūi→ �−d̄j ,

ν̄ui→ �+dj ,

ν̄d̄j→ �+ūi , (2)

where we use the notation

ui = u, c, dj = d, s. (3)

Neglecting quark masses one finds that there is only
one non-zero helicity amplitude M̂λ�,λqi

;λν ,λqj
for each of

the elementary processes in (2), and precisely

M̂
νdj→�−ui

−−;−− = M̂
ν̄d̄j→�+ūi

++;++ = − 4παVij

sin2 θW

1
y +M2

W /xs
, (4)

M̂
νūi→�−d̄j

−+;−+ = M̂
ν̄ui→�+dj

+−;+− = − 4παVij

sin2 θW

1 − y

y +M2
W /xs

, (5)

where, according to the usual SM rules,

Vud = Vcs = cos θC Vus = −Vcd = sin θC; (6)

θW is the Weinberg angle, θC is the Cabibbo angle and
Vij = V ∗

ji.
The elementary cross-sections are computed according

to
dσ̂λλ′

dQ2 =
1

16πx2s2 |M̂λλ′;λλ′ |2 =
1
sx

dσ̂λλ′

dy
, (7)

from which we obtain

dσ̂νdj→�−ui

−−
dy

=
dσ̂ν̄d̄j→�+ūi

++

dy

=
πα2

xs

|Vij |2
sin4 θW

(
1

y +M2
W /xs

)2

, (8)

dσ̂νūi→�−d̄j

−+

dy
=

dσ̂ν̄ui→�+dj

+−
dy

=
πα2

xs

|Vij |2
sin4 θW

(
1 − y

y +M2
W /xs

)2

. (9)

Notice that both ν and ν̄ couple only to quarks with neg-
ative helicity and antiquarks with positive helicity.

We can now compute the longitudinal polarizations
P[ν,�] and P[ν̄,�] for any spin 1/2 baryon B (Λ’s and Λ̄’s for
instance) produced in neutrino initiated, charged current
DIS scattering processes:

P[ν,�](B) =
dσνp→�−B+X − dσνp→�−B−X

dσνp→�−B+X + dσνp→�−B−X
(10)

and

P[ν̄,�](B) =
dσν̄p→�+B+X − dσν̄p→�+B−X

dσν̄p→�+B+X + dσν̄p→�+B−X
, (11)

where B± denotes a baryon B with helicity ±.

In the most general case, when also the proton p is
polarized – and we denote by an S in the superscript its
spin state – from (1), (10) and (11) we obtain

P
(S)
[ν,�](B) = −

(∑
i,j

[
(dj)

(S)
− dσ̂dj→ui

−− ∆DB/ui

−(ūi)
(S)
+ dσ̂ūi→d̄j

−+ ∆DB/d̄j

])/
(∑

i,j

[
(dj)

(S)
− dσ̂dj→ui

−− DB/ui

+(ūi)
(S)
+ dσ̂ūi→d̄j

−+ DB/d̄j

])
(12)

and

P
(S)
[ν̄,�](B) = −

(∑
i,j

[
(ui)

(S)
− dσ̂ui→dj

+− ∆DB/dj

−(d̄j)
(S)
+ dσ̂d̄j→ūi

++ ∆DB/ūi

])/
([

(ui)
(S)
− dσ̂ui→dj

+− DB/dj

+(d̄j)
(S)
+ dσ̂d̄j→ūi

++ DB/ūi

])
, (13)

where an expression like (q)(S)
± stands for the number den-

sity (distribution function) of quarks q with helicity ±
inside a proton with spin S, whereas q± alone refers, as
usual, to a proton with + helicity. The polarized fragmen-
tation functions are defined as

∆DB/q ≡ DB+/q+ − DB−/q+ = DB−/q− − DB+/q− . (14)

If we now explicitly perform the sum over flavors in the
numerators and denominators of (12) and (13), neglecting
c quark contributions, and use (8) and (9), we obtain for
longitudinally (± helicity) polarized protons

P
(±)
[ν,�](B;x, y, z) = −

(
[d∓ +Rs∓]∆DB/u

−(1 − y)2ū±
[
∆DB/d̄ +R∆DB/s̄

] )/
(
[d∓ +Rs∓]DB/u

+(1 − y)2ū±
[
DB/d̄ +RDB/s̄

] )
(15)

and

P
(±)
[ν̄,�](B;x, y, z) =

( [
d̄± +Rs̄±

]
∆DB/ū

−(1 − y)2u∓
[
∆DB/d +R∆DB/s

] )/
( [

d̄± +Rs̄±
]
DB/ū

+(1 − y)2u∓
[
DB/d +RDB/s

] )
, (16)
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where R ≡ sin2 θC/ cos2 θC � 0.056.
In the simpler case in which the proton is unpolarized

one replaces q+ and q− with q/2 so that (15) and (16)
become respectively

P
(0)
[ν,�](B;x, y, z) (17)

= − [d+Rs]∆DB/u − (1 − y)2ū[∆DB/d̄ +R∆DB/s̄]
[d+Rs]DB/u + (1 − y)2ū[DB/d̄ +RDB/s̄]

and

P
(0)
[ν̄,�](B;x, y, z) (18)

=
[d̄+Rs̄]∆DB/ū − (1 − y)2u[∆DB/d +R∆DB/s]

[d̄+Rs̄]DB/ū + (1 − y)2u[DB/d +RDB/s]
,

in agreement with the results of [11].
The formulae given above hold for any baryon and

antibaryon with spin 1/2. If we specify the final hadron
observed, further simplifications are possible. Let us con-
sider the case in which a Λ baryon is produced, or, in gen-
eral, a baryon (rather than an antibaryon): in this case we
can neglect terms which contain both q̄ distributions (in a
proton) and q̄ fragmentations (into a Λ) as they are both
small, in particular at large x and z. Then we simply have

P
(±)
[ν,�](Λ; z) � P

(0)
[ν,�](Λ; z) � −∆DΛ/u

DΛ/u
, (19)

P
(±)
[ν̄,�](Λ; z) � P

(0)
[ν̄,�](Λ; z) � −∆DΛ/d +R∆DΛ/s

DΛ/d +RDΛ/s
, (20)

and the polarizations, up to QCD evolution effects, be-
come functions of the variable z only, since any other term
apart from the fragmentation functions cancels out. For
(20) to hold one should also avoid large y regions, due to
the factor (1 − y)2 in (18).

Equations (19) and (20) relate the values of the lon-
gitudinal polarization P (Λ) to a quantity with a clear
physical meaning, i.e. the ratio ∆DΛ/q/DΛ/q; this hap-
pens with weak charged current interactions – while it
cannot happen in purely electromagnetic DIS [12] – due
to the selection of the quark helicity and flavor in the cou-
pling with neutrinos. A measurement of P (Λ) offers new
direct information on the fragmentation process. We shall
discuss further this point in Sect. 5.

Similar results hold for the �p → νΛ↑X processes; the
contributing elementary interactions are

�−ui→ νdj ,

�−d̄j→ νūi,

�+dj→ ν̄ui,

�+ūi→ ν̄d̄j , (21)

with the same cross-sections as those computed in (8) and
(9):

dσ̂�−ui→νdj

−−
dy

=
dσ̂�+ūi→ν̄d̄j

++

dy
=

dσ̂νdj→�−ui

−−
dy

=
dσ̂ν̄d̄j→�+ūi

++

dy
,

(22)

dσ̂�+dj→ν̄ui

+−
dy

=
dσ̂�−d̄j→νūi

−+

dy
=

dσ̂ν̄ui→�+dj

+−
dy

=
dσ̂νūi→�−d̄j

−+

dy
·

(23)
The analogue of (15) and (16) is now

P
(±)
[�,ν](B;x, y, z) (24)

=
(1 − y)2[d̄± +Rs̄±]∆DB/ū − u∓[∆DB/d +R∆DB/s]

(1 − y)2[d̄± +Rs̄±]DB/ū + u∓[DB/d +RDB/s]

and

P
(±)
[�,ν̄](B;x, y, z) = −

(
(1 − y)2[d∓ +Rs∓]∆DB/u

−ū±[∆DB/d̄ +R∆DB/s̄]
)/

(
(1 − y)2[d∓ +Rs∓]DB/u

+ū±[DB/d̄ +RDB/s̄]
)
, (25)

and similarly for the analogue of (17) and (18) (one simply
replaces in the above equations the quark and antiquark
helicity distributions with the unpolarized ones).

In the case in which one can neglect antiquark contri-
butions (as for Λ’s) one has again, as in (19) and (20),

P
(±)
[�,ν](Λ; z) � P

(0)
[�,ν](Λ; z) � −∆DΛ/d +R∆DΛ/s

DΛ/d +RDΛ/s
, (26)

P
(±)
[�,ν̄](Λ; z) � P

(0)
[�,ν̄](Λ; z) � −∆DΛ/u

DΛ/u
. (27)

3 Neutral current neutrino processes,
νp → νΛ↑ X

There are 4 different kinds of elementary interactions con-
tributing to these processes

νq → νq,

νq̄ → νq̄,

ν̄q → ν̄q,

ν̄q̄ → ν̄q̄, (28)

where q can be either uj or dj .
There are 2 non-zero independent helicity amplitudes

for each process in (28). These lead, through (7), to the
following elementary cross-sections

dσ̂νq→νq
−+

dy
=

dσ̂ν̄q̄→ν̄q̄
+−
dy

=
πα2

4xs
(2eq sin2 θW)2

sin4 θW cos4 θW

(
1 − y

y +M2
Z/xs

)2

,

dσ̂νq→νq
−−
dy

=
dσ̂ν̄q̄→ν̄q̄

++

dy

=
πα2

4xs
(1 − 2|eq| sin2 θW)2

sin4 θW cos4 θW

(
1

y +M2
Z/xs

)2

,
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dσ̂νq̄→νq̄
−+

dy
=

dσ̂ν̄q→ν̄q
+−
dy

=
πα2

4xs
(1 − 2|eq| sin2 θW)2

sin4 θW cos4 θW

(
1 − y

y +M2
Z/xs

)2

,

dσ̂νq̄→νq̄
−−
dy

=
dσ̂ν̄q→ν̄q

++

dy

=
πα2

4xs
(2eq sin2 θW)2

sin4 θW cos4 θW

(
1

y +M2
Z/xs

)2

, (29)

where eq is the quark charge in units of the proton charge.
In analogy to what we did in the previous paragraph,

the longitudinal polarization of the produced baryon B is
defined by

P[ν,ν](B) =
dσνp→νB+X − dσνp→νB−X

dσνp→νB+X + dσνp→νB−X
(30)

and

P[ν̄,ν̄](B) =
dσν̄p→ν̄B+X − dσν̄p→ν̄B−X

dσν̄p→ν̄B+X + dσν̄p→ν̄B−X
· (31)

For the numerator and denominator of P[ν,ν](B) and
P[ν̄,ν̄](B) separately, one obtains, for a generic spin state
S of the proton:

N
(S)
[ν,ν](B) (32)

=
∑

j

{[
(uj)

(S)
+ (1 − y)216C2 − (uj)

(S)
− (1 − 4C)2

]
∆DB/uj

+
[
(dj)

(S)
+ (1 − y)24C2 − (dj)

(S)
− (1 − 2C)2

]
∆DB/dj

+
[
(ūj)

(S)
+ (1 − y)2(1 − 4C)2 − (ūj)

(S)
− 16C2

]
∆DB/ūj

+
[
(d̄j)

(S)
+ (1 − y)2(1 − 2C)2 − (d̄j)

(S)
− 4C2

]
∆DB/d̄j

}
,

D
(S)
[ν,ν](B) (33)

=
∑

j

{[
(uj)

(S)
+ (1 − y)216C2 + (uj)

(S)
− (1 − 4C)2

]
DB/uj

+
[
(dj)

(S)
+ (1 − y)24C2 + (dj)

(S)
− (1 − 2C)2

]
DB/dj

+
[
(ūj)

(S)
+ (1 − y)2(1 − 4C)2 + (ūj)

(S)
− 16C2

]
DB/ūj

+
[
(d̄j)

(S)
+ (1 − y)2(1 − 2C)2 + (d̄j)

(S)
− 4C2

]
DB/d̄j

}
,

and

N
(S)
[ν̄,ν̄](B) (34)

=
∑

j

{[
(uj)

(S)
+ 16C2 − (uj)

(S)
− (1 − y)2(1 − 4C)2

]
∆DB/uj

+
[
(dj)

(S)
+ 4C2 − (dj)

(S)
− (1 − y)2(1 − 2C)2

]
∆DB/dj

+
[
(ūj)

(S)
+ (1 − 4C)2 − (ūj)

(S)
− (1 − y)216C2

]
∆DB/ūj

+
[
(d̄j)

(S)
+ (1 − 2C)2 − (d̄j)

(S)
− (1 − y)24C2

]
∆DB/d̄j

}
,

D
(S)
[ν̄,ν̄](B) (35)

=
∑

j

{[
(uj)

(S)
+ 16C2 + (uj)

(S)
− (1 − y)2(1 − 4C)2

]
DB/uj

+
[
(dj)

(S)
+ 4C2 + (dj)

(S)
− (1 − y)2(1 − 2C)2

]
DB/dj

+
[
(ūj)

(S)
+ (1 − 4C)2 + (ūj)

(S)
− (1 − y)216C2

]
DB/ūj

+
[
(d̄j)

(S)
+ (1 − 2C)2 + (d̄j)

(S)
− (1 − y)24C2

]
DB/d̄j

}
,

where C ≡ sin2 θW/3.
In the case of Λ (or any baryon, rather than anti-

baryon) production, a simple expression for its longitudi-
nal polarization P can be obtained by neglecting the anti-
quark contributions and the terms proportional to sin4 θW.
For longitudinally polarized protons in this approximation
we have

P
(±)
[ν,ν](Λ) (36)

� −
∑

j [(uj)∓(1 − 8C)∆DΛ/uj
+ (dj)∓(1 − 4C)∆DΛ/dj

]∑
j [(uj)∓(1 − 8C)DΛ/uj

+ (dj)∓(1 − 4C)DΛ/dj
]

,

whereas for unpolarized proton, where q± → q/2, one ob-
tains

P
(0)
[ν,ν](Λ) (37)

� −
∑

j [uj(1 − 8C)∆DΛ/uj
+ dj(1 − 4C)∆DΛ/dj

]∑
j [uj(1 − 8C)DΛ/uj

+ dj(1 − 4C)DΛ/dj
]

.

Similar formulae, avoiding the large y region, hold for
P

(±)
[ν̄,ν̄](Λ) and for P

(0)
[ν̄,ν̄](Λ).

4 Neutral current lepton processes,
�p → �Λ↑ X

The possible elementary scatterings contributing to this
process are of the form

�q → �q, (38)

where � can be either �+ or �− and q can be any quark or
antiquark.

There are 4 non-zero independent helicity amplitudes
corresponding to the process in (38). Notice that in this
case we must take into account the contributions of both
weak and electromagnetic interactions, and the ampli-
tudes are given by the sum of the two corresponding terms.
According to (7), the elementary cross-sections can be
written as

dσ̂�q→�q
±±
dy

=
πα2

16xs

(
N �q

±±
1

y +M2
Z/xs

− 8eq

y

)2

, (39)

dσ̂�q→�q
±∓
dy

=
πα2

16xs

(
N �q

±∓
1

y +M2
Z/xs

− 8eq

y

)2

(1 − y)2,
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where again � can be either �+ or �−, q can be any quark
or antiquark q = uj , dj and eq is the quark charge. For the
coefficients N �q we have (C = sin2 θW/3)

N
�−uj

++ = N
�−ūj

+− = N
�+uj

−+ = N
�+ūj

−− =
−16C
1 − 3C

� −1.60,

N
�−uj

+− = N
�−ūj

++ = N
�+uj

−− = N
�+ūj

−+ =
4(1 − 4C)
1 − 3C

� 3.60,

N
�−uj

−+ = N
�−ūj

−− = N
�+uj

++ = N
�+ūj

+− =
8(1 − 6C)
3(1 − 3C)

� 1.87,

N
�−uj

−− = N
�−ūj

−+ = N
�+uj

+− = N
�+ūj

++ =
2(6C − 1)(1 − 4C)

3C(1 − 3C)
� −4.19, (40)

and

N
�−dj

++ = N
�−d̄j

+− = N
�+dj

−+ = N
�+d̄j

−− =
8C

1 − 3C
� 0.80,

N
�−dj

+− = N
�−d̄j

++ = N
�+dj

−− = N
�+d̄j

−+ =
4(2C − 1)
1 − 3C

� −4.40,

N
�−dj

−+ = N
�−d̄j

−− = N
�+dj

++ = N
�+d̄j

+− =
4(6C − 1)
3(1 − 3C)

� −0.93,

N
�−dj

−− = N
�−d̄j

−+ = N
�+dj

+− = N
�+d̄j

++ =
2(1 − 6C)(1 − 2C)

3C(1 − 3C)
� 5.12. (41)

We can now proceed to the calculation of the longitudinal
polarization P of the observed spin 1/2 baryon

P[�,�](B) =
dσ�p→�B+X − dσ�p→�B−X

dσ�p→�B+X + dσ�p→�B−X
, (42)

where � can be either �+ or �−.
P[�,�](B) can be evaluated for any lepton and proton

spin configuration. When both the proton p and the lep-
ton � are longitudinally polarized (in helicity states), the
polarization P becomes

P
(±,±)
[�,�] (B) =

∑
q

[
q±dσ̂�q→�q

±+ − q∓dσ̂�q→�q
±−

]
∆DB/q∑

q

[
q±dσ̂�q→�q

±+ + q∓dσ̂�q→�q
±−

]
DB/q

,

(43)
where again � stands for either �+ or �−, and the sum runs
over all quarks and antiquarks, q = u, d, s, ū, d̄, s̄, · · ·

For longitudinally polarized leptons but unpolarized
protons (q± → q/2) we have

P
(±,0)
[�,�] =

∑
q q
[
dσ̂�q→�q

±+ − dσ̂�q→�q
±−

]
∆DB/q∑

q q
[
dσ̂�q→�q

±+ + dσ̂�q→�q
±−

]
DB/q

, (44)

while for unpolarized leptons but longitudinally polarized
protons we have

P
(0,±)
[�,�] (B) =

(∑
q

[
q±(dσ̂�q→�q

++ + dσ̂�q→�q
−+ )

−q∓(dσ̂�q→�q
+− + dσ̂�q→�q

−− )
]
∆DB/q

)/
(∑

q

[
q±(dσ̂�q→�q

++ + dσ̂�q→�q
−+ )

+q∓(dσ̂�q→�q
+− + dσ̂�q→�q

−− )
]
DB/q

)
. (45)

Finally, the most interesting case is when neither the
proton nor the lepton are polarized: in this case the lon-
gitudinal polarization of baryon B is non-zero only due to
parity violating weak contributions. We obtain

P
(0,0)
[�,�] (B) =

(∑
q

q
[
dσ̂�q→�q

++ + dσ̂�q→�q
−+

−dσ̂�q→�q
+− − dσ̂�q→�q

−−
]
∆DB/q

)/
(
4
∑

q

qdσ̂�q→�qDB/q

)
, (46)

where dσ̂�q→�q is the unpolarized �q → �q cross-section

4dσ̂�q→�q = dσ̂�q→�q
++ +dσ̂�q→�q

−+ +dσ̂�q→�q
+− +dσ̂�q→�q

−− . (47)

This effect might be measurable at HERA and numerical
estimates will be given in the next section.

5 Numerical estimates

In the previous sections we have obtained explicit expres-
sions for the polarization of baryons produced in DIS scat-
terings involving weak interactions; we now use these for-
mulae to give predictions in the case of Λ and Λ̄ pro-
duction, considering typical kinematical configurations of
ongoing or planned experiments. When convenient, we in-
tegrate over the actual physical ranges of some variables;
these are collected in Table 1 of AppendixA. Our results
should give a good comprehensive description of what to
expect in all present or future experiments, and can be
adapted to cover all realistic situations, according to dif-
ferent kinematical cuts and configurations.

The polarization values depend on the known standard
model dynamics, on the rather well known partonic distri-
butions, both unpolarized and polarized, and on the quark
fragmentation functions, again both unpolarized and po-
larized. The latter are not so well known and a choice must
be made in order to give numerical estimates or in order
to be able to interpret the measured values in favor of a
particular set.

Unpolarized Λ fragmentation functions are determined
by fitting e+e− → Λ+Λ̄+X experimental data, which are
sensitive only to singlet combinations, like DΛ/q +DΛ/q̄ ≡
D(Λ+Λ̄)/q. It is impossible to separate the fragmentation
functions relative to Λ’s from those for Λ̄’s in a model in-
dependent way; also flavor separation is not possible with-
out appropriate initial assumptions, for example about
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SU(3) flavor symmetry. Polarized Λ fragmentation func-
tions are obtained by fitting the scarce data on Λ polar-
ization at LEP, sensitive only to non-singlet combinations
like ∆DΛ/q − ∆DΛ/q̄ = ∆Dval

Λ/q. Also in this case flavor
separation has to rely on models.

Three typical sets of fragmentation functions, denoted
as scenarios 1, 2 and 3, and derived from fits to e+e− data,
are given in [4]. The unpolarized fragmentation functions
are taken to be SU(3) symmetric:

D(Λ+Λ̄)/u = D(Λ+Λ̄)/d = D(Λ+Λ̄)/s = D(Λ+Λ̄)/ū

= D(Λ+Λ̄)/d̄ = D(Λ+Λ̄)/s̄, (48)

and have been derived for the combined production of Λ
and Λ̄ and not for each of them separately.

For the polarized fragmentation functions they assume,
at the initial scale µ2,

∆DΛ/s(z, µ2) = zαD(Λ+Λ̄)/s(z, µ
2), (49)

∆DΛ/u(z, µ2) = ∆DΛ/d(z, µ2) = Nu∆DΛ/s(z, µ2).

The three scenarios differ for the relative contributions of
the strange quark polarization to Λ polarization: Nu = 0,
Nu = −0.2 and Nu = 1 for scenarios 1, 2 and 3 re-
spectively [4]. The “unfavored” polarized fragmentations
∆DΛ/ū, ∆DΛ̄/u, etc. are assumed to be negligible at the
initial scale µ2, and are only generated by QCD evolu-
tion; it is then possible, for the polarized fragmentation
functions, to obtain separately the contributions to Λ and
Λ̄.

We adopt the above set of fragmentation functions as
they are the least dependent on models, they have the
proper QCD evolution, and the three scenarios are well
representative of possible spin dependences. We are then
equipped with unpolarized fragmentation functions into
Λ + Λ̄ and with separate polarized fragmentation func-
tions into Λ and Λ̄; we wish to give predictions and es-
timates for the polarizations of Λ and Λ̄, which are mea-
sured separately. We then define the following computable
quantities:

P ∗(Λ) ≡ dσΛ+ − dσΛ−

dσΛ+Λ̄
=

P (Λ)
1 + T

, (50)

and

P ∗(Λ̄) ≡ dσΛ̄+ − dσΛ̄−

dσΛ+Λ̄
= P (Λ̄)

T

1 + T
, (51)

where the notations should be obvious and

T =
dσΛ̄

dσΛ
· (52)

Equations (50) and (51) allow us to compute the values
of P (Λ) and P (Λ̄) provided one can compute or measure
the ratio T :

P (Λ) = (1 + T )P ∗(Λ), P (Λ̄) =
(
1 +

1
T

)
P ∗(Λ̄). (53)

Notice that P is always larger in magnitude than P ∗.

The ratio T cannot be computed with the fragmen-
tation set of [4]; it requires the knowledge of separate
unpolarized fragmentation functions for Λ and Λ̄ and it
depends on the chosen set.

In Figs. 1–10 we show some results for P ∗(Λ, Λ̄) for
several processes, with different initial spin configurations,
and different kinematical conditions, corresponding to typ-
ical experimental setups, shown in Table 1 of AppendixA.
These may easily be changed, according to experimental
situations. Details are given in the figure captions. We use
the unpolarized distribution functions of [14], the related
polarized distribution functions of [15] (we have explicitely
checked that our numerical results depend very little on
the available sets of parton densities) and the fragmenta-
tion functions of [4], mainly with scenarios 2 and 3.

In Figs. 11 and 12 we give estimates for P (Λ) [rather
than P ∗(Λ)], in the same cases as some of the previous fig-
ures; we have computed the ratio T either with the SU(3)
symmetric set of unpolarized fragmentation functions of
[9] or with a set derived from [16], by imposing SU(3)
symmetry.

The figure captions contain all relevant information
about the various cases; we give here some general com-
ments about our results.
(1) We present results using mainly the fragmentation
functions of scenarios 2 and 3 of [4], neglecting scenario 1,
in which only s quarks contribute to the Λ polarization. In
fact, P (Λ) is always negligible in this case, given the small
content of s quarks in the nucleon target and the SU(3)-
symmetric nature of the unpolarized fragmentation func-
tions utilized. This can be seen by inspecting (19), (20)
and (26), (27) for charged current interactions and (37)
for neutral currents. However, it is interesting to notice
that for unpolarized fragmentation functions allowing for
a strong SU(3) symmetry breaking, like those of [16], the
situation can be different, and scenario 1 might give sizable
asymmetries. According to [16], DΛ/u = DΛ/d � DΛ/s

and this can well compensate for the small factor R in
(20), so that, also in scenario 1, P[ν̄,�] can be large.
(2) Figures 1, 2 and 11 summarize some of the most in-
teresting features of Λ polarization in charged current in-
teractions. The large 〈x〉 values involved in the NOMAD
experiment imply T = dσΛ̄/dσΛ � 1, so that, from (50),
P ∗(Λ) is similar to P (Λ) (compare Figs. 2 and 11) and
follows closely the simple behavior suggested by (19) and
(20). P ∗(Λ̄), instead, is suppressed by the small ratio T ,
see (51); the actual estimated value of P (Λ̄) is shown in
Fig. 11 and is much larger. Notice that a comparison be-
tween Figs. 1 and 2, i.e. between (19) and (20), might give
information on the ratios Cq ≡ ∆DΛ/q/DΛ/q; for exam-
ple, the same value of Cq for all flavors would result in
P[ν,�](Λ) = P[ν̄,�](Λ). On the other hand, largely different
values of P[ν,�] and P[ν̄,�] would certainly indicate a strong
SU(3) symmetry breaking in the fragmentation functions,
with s quark contributions dominating in order to com-
pensate for the small R factor in (20).

Some data on P
(0)
[ν,�](Λ, Λ̄) are available from the NO-

MAD collaboration [13], but the errors and uncertainties
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Fig. 1. P
∗(0)
[ν,µ] for Λ (solid lines) and Λ̄ (dashed lines) hyper-

ons, as a function of z, with a kinematical setup typical for
the NOMAD experiment at CERN (see Table 1 for details).
Results are given for scenarios 2 and 3 of the polarized Λ frag-
mentation functions (FF) of [4]. Results with scenario 1 are
almost negligible. Unpolarized (Λ+ Λ̄) FF are from [4]; unpo-
larized GRV [14] partonic distributions have been used for the
proton target. Since 〈x〉 is large for this kinematical configu-
ration, we expect T = dσΛ̄/dσΛ � 1 and, as a consequence,
P

(0)
[ν,µ](Λ) � P

∗(0)
[ν,µ](Λ), while P

(0)
[ν,µ](Λ̄) � P

∗(0)
[ν,µ](Λ̄) (see text for

more details)
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Fig. 2. P
∗(0)
[ν̄,µ] for Λ (solid lines) and Λ̄ (dashed lines) hyperons,

as a function of z, with a kinematical setup typical for the
NOMAD experiment at CERN (see Table 1 for details). Results
are given for scenarios 2 and 3 of the polarized Λ FF of [4].
Results with scenario 1 are almost negligible. Unpolarized (Λ+
Λ̄) FF are from [4]; unpolarized GRV [14] partonic distributions
have been used for the proton target. Since 〈x〉 is large for
this kinematical configuration, we expect T = dσΛ̄/dσΛ � 1
and, as a consequence, P

(0)
[ν̄,µ](Λ) � P

∗(0)
[ν̄,µ](Λ), while P

(0)
[ν̄,µ](Λ̄) �

P
∗(0)
[ν̄,µ](Λ̄) (see text and Fig. 11 for more details)
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Fig. 3. P
∗(0)
[e,ν̄] for Λ (solid lines) and Λ̄ (dashed lines) hyperons,

as a function of z, with a kinematical setup typical for the
HERA experiments at DESY (see Table 1 for details). Results
are given for scenarios 2 and 3 of the polarized Λ FF of [4].
Results with scenario 1 are almost negligible. Unpolarized (Λ+
Λ̄) FF are from [4]; unpolarized GRV [14] partonic distributions
have been used for the proton target. Since 〈x〉 is small for the
HERA kinematical configurations, we expect T = dσΛ̄/dσΛ �
1 and, as a consequence, P

(0)
[e,ν̄](Λ, Λ̄) � 2P ∗(0)

[e,ν̄](Λ, Λ̄) (see text
for more details)

are still too large to allow for significant comparisons and
to discriminate between different sets of fragmentation
functions.
(3) Figure 3 gives values of P ∗(Λ) in kinematical regions
dominated by small x values, so that one expects T � 1
and P ∗(Λ, Λ̄) � P (Λ, Λ̄)/2, see (50) and (51). The oppo-
site signs of P (Λ) and P (Λ̄) can be easily understood by
looking at (25) (with q± → q/2) and noticing that frag-
mentation into a baryon or an antibaryon favors the first
or the second term in the numerator.
(4) For neutrino charged currents we give numerical esti-
mates only in the case of an unpolarized target. In fact,
present intensities of neutrino beams require very large
targets to reach reasonable luminosities and statistics, and
this makes it unpractical to polarize them. There are how-
ever proposals for neutrino factories with large intensities
which will allow one to consider the option of polarized
targets [17].
(5) The Λ polarizations for neutral currents shown in
Figs. 4–7 exhibit a similar behavior for the four different
kinematical setups considered. The differences are related
to the different kinematical cuts and again to the value
of the factor T . In particular, since T � 1 for the E665
and HERA kinematics, the P ∗ are suppressed by a factor
� 2 with respect to the case of HERMES and COMPASS
kinematics. Notice also that in these two cases there are
sizable variations depending on the different polarization
states of the target.
(6) The results presented in Figs. 8 and 12 show polariza-
tions as functions of x (integrated over z) rather than z
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Fig. 4. P ∗
[e,e] for Λ hyperons, as a function of z, for different

combinations of the beam and target polarizations, as shown
in the plot legend. The kinematical setup is typical for the
HERMES experiment at DESY (see Table 1 for details). Re-
sults are given for scenarios 2 (heavy lines) and 3 (thin lines)
of the polarized Λ FF of [4]. Results with scenario 1 are almost
negligible. Unpolarized (Λ + Λ̄) FF are from [4]; unpolarized
GRV [14] and polarized GRSV-ST [15] partonic distributions
have been used for the proton target. Since 〈x〉 is large for
the HERMES kinematical configuration, we expect, at large z,
T = dσΛ̄/dσΛ � 1 and, as a consequence, P[e,e](Λ) � P ∗

[e,e](Λ),
while for the Λ̄ (not shown in this plot) there should result
P[e,e](Λ̄) � P ∗

[e,e](Λ̄) (see text for more details)

(integrated over x): these test the dynamics of the partonic
process and in particular the contribution of electro-weak
interferences, in a neat and unusual way. The differences
between positively and negatively charged leptons are en-
tirely due to electro-weak effects; this is well visible at
large x (implying large Q2), where the curves for e+ and
e− differ sizably. Moreover, from (39)–(41) it is possible to
evaluate analytically the zeros of the cross-section differ-
ences dσ̂±+ − dσ̂±− appearing in the numerator of (44);
one can show that real zeros for 0 < x < 1 occur only
for electromagnetic + weak contributions and for positron
beams. The effective position of the zeros depends on y
(or alternatively on Q2) and for the dominating small y
values is around x � 0.04–0.08. Although the statistical
errors increase sizably for large x values at HERA, the
different behavior shown at small and large x values for
positron and electron beams might probably be tested.

Figure 12 shows the same plots as in Fig. 8, for the ac-
tual polarization P (Λ), estimated according to the com-
ments in the figure caption, rather than for P ∗(Λ); it is
interesting to note how the differences between P and P ∗
vary with x, according to the observations we have already
made.
(7) Figure 9 shows the parity violating longitudinal polar-
ization of Λ’s produced from unpolarized initial electrons
and nucleons in NC processes; being a purely electro-weak
effect it is more sizable at very large Q2 values, which are,
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Fig. 5. P ∗
[µ,µ] for Λ hyperons, as a function of z, for different

combinations of the beam and target polarizations, as shown
in the plot legend. The kinematical setup is typical for the
COMPASS experiment at CERN (see Table 1 for details). Re-
sults are given for scenarios 2 (heavy lines) and 3 (thin lines)
of the polarized Λ FF of [4]. Results with scenario 1 are al-
most negligible. Unpolarized (Λ + Λ̄) FF are from [4]; unpo-
larized GRV [14] and polarized GRSV-ST [15] partonic dis-
tributions have been used for the proton target. Since 〈x〉 is
relatively large for the COMPASS kinematical configuration,
we expect, at large z, T = dσΛ̄/dσΛ � 1 and, as a conse-
quence, P[µ,µ](Λ) � P ∗

[µ,µ](Λ), while for the Λ̄ (not shown in
this plot) there should result P[µ,µ](Λ̄) � P ∗

[µ,µ](Λ̄) (see text
for more details)

however, accessible at HERA. Also Fig. 10 shows some ef-
fects of electro-weak interferences, resulting in differences
between plots of P ∗(+,0)

[e,e] for positrons and electrons.
We have given a comprehensive discussion – both theo-

retical (at LO) and phenomenological – of the polarization
of Λ’s and Λ̄’s produced in the current fragmentation re-
gion of DIS processes, both with neutral and charged cur-
rents. Our results can be exploited to gather new informa-
tion about polarized fragmentation functions, to improve
our knowledge about polarized parton densities [18] and to
test fundamental features of electro-weak elementary in-
teractions. Several experiments are either running or being
planned, which will precisely look at these semi-inclusive
DIS processes; our study should help in the analysis of the
forthcoming data.

Acknowledgements. We would like to thank J.T. Londergan
and A.W. Thomas for several discussions; M.A. is grateful to
the Special Research Centre for the Subatomic Matter of Ade-
laide (Australia) for hospitality and support during a period
in which this paper was in preparation. M.B. is most grate-
ful for partial support from the EU-TMR Program, Contract
No. CT98-0169 and wishes to thank the Dept. of Theoretical
Physics of Torino University for hospitality and travel support.
U.D. and F.M. thank COFINANZIAMENTO MURST-PRIN
for partial support.



M. Anselmino et al.: Weak interactions in polarized semi-inclusive DIS 509

-0.1

0

0.1

0.2

0.3

0.4

0.5

0 0.2 0.4 0.6 0.8 1

z

 P∗
[µ,µ] 

Sc. 2

Sc. 3







(+ 0)
(+ +)
(+ –)
(0 +)

Fig. 6. P ∗
[µ,µ] for Λ hyperons, as a function of z, for different

combinations of the beam and target polarizations, as shown in
the plot legend. The kinematical setup is typical for the E665
experiment at SLAC (see Table 1 for details). Results are given
for scenarios 2 (heavy lines) and 3 (thin lines) of the polarized
Λ FF of [4]. Results with scenario 1 are almost negligible. Un-
polarized (Λ + Λ̄) FF are from [4]; unpolarized GRV [14] and
polarized GRSV-ST [15] partonic distributions have been used
for the proton target. Since 〈x〉 is relatively small for the E665
kinematical configuration, we expect T = dσΛ̄/dσΛ � 1 and, as
a consequence, P[µ,µ](Λ, Λ̄) � 2P ∗

[µ,µ](Λ, Λ̄) (see text for more
details)

Appendix

A Experimental setups and kinematical cuts

In our analysis we have considered most present and forth-
coming experiments, which cover many different kinemat-
ical configurations. For the reader’s convenience, we col-
lect and summarize here the corresponding experimental
setups, with their kinematical ranges.

The main variables which specify the various setups
are listed below, while the kinematical values and cuts
for the different experiments are given in Table 1. We use
the following notation: El is the incoming lepton energy,
in the laboratory reference frame;

√
s the total energy, in

the lepton–proton c.m. frame; W is the total energy, in the
virtual boson–proton c.m frame; El′ is the outgoing lepton
energy, in the laboratory frame; θl′(h) the outgoing lepton
(hadron) scattering angle, in the laboratory frame; Eh is
the outgoing hadron energy, in the laboratory frame; pT
denotes the transverse hadron momentum (with respect
to the lepton direction); and η = − ln tan(θh/2) is the
pseudorapidity, in the laboratory frame. x = Q2/2q · p,
y = q · p/� · p, z = ph · p/q · p are the usual invariant
variables for semi-inclusive DIS hadron production.

Wherever possible we have considered kinematical cuts
identical to those already adopted or planned for the re-
lated experiments; the Q2 range for the E665 experiment
at SLAC (0.25 < Q2 < 2.5GeV2) reaches too low Q2

-0.1

-0.05

0

0.05

0.1

0.15

0.2

0 0.2 0.4 0.6 0.8 1

z

 P∗
[e,e] 

Sc. 2

Sc. 3









(+ 0)
(+ +)
(+ –)
(0 +)

Fig. 7. P ∗
[e,e] for Λ hyperons, as a function of z, for differ-

ent combinations of the positron beam and target polariza-
tions, as shown in the plot legend. The kinematical setup is
typical for the HERA experiments at DESY (see Table 1 for
details). Results are given for scenarios 2 (heavy lines) and 3
(thin lines) of the polarized Λ FF of [4]. Results with sce-
nario 1 are almost negligible. Unpolarized (Λ + Λ̄) FF are
also from [4]; unpolarized GRV [14] and polarized GRSV-ST
[15] partonic distributions have been used for the proton tar-
get. Since 〈x〉 is small for the HERA kinematical configura-
tions, we expect T = dσΛ̄/dσΛ � 1 and, as a consequence,
P[e,e](Λ, Λ̄) � 2P ∗

[e,e](Λ, Λ̄) (see text for more details)

values for our leading order analysis, based on factor-
ization theorem, and we have adopted the range 1.0 <
Q2 < 2.5GeV2 (this influences also the lower cut on x, of
course).

Notice also that with HERA we mean both H1 and
ZEUS typical setups at intermediate Q2 values, while with
HERA* we refer to setups with very high Q2 values, as
required for the study of electro-weak interference effects.

For the NOMAD experiment, all kinematical variables
are fixed to the corresponding average value [19].

B Mass correction effects

In this paper fragmentation functions are always expressed
as a function of z = p ·ph/p ·q, where p, ph, q are the four-
momenta of the target proton, the produced hadron, and
the virtual boson respectively. In the case of semi-inclusive
DIS, at LO and in collinear configuration, z coincides with
the light-cone momentum fraction of the parent parton
carried by the observed hadron, ξ = p+

h /p+
q . There are in

general several other variables that can be considered; de-
pending on the specific process under study, they can be
more or less suitable than z to, e.g., describe the process
from the experimental point of view or to show scaling
properties of observables, like cross-sections. In this ap-
pendix, we briefly review the definition of these variables
and give their mutual connection. It is important to no-
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Table 1. Summary of the experiments and the corresponding kinematical setups

HERMES COMPASS E665 NOMAD HERA HERA*

El [GeV] 27.6 200 470 48.8 27.6 27.6
√

s [GeV] 7.26 19.4 29.7 9.6 300 300

x 0.023–08 > 0.01 (10−3)–0.1 0.22 > 0.004 > 0.01

y < 0.85 0.1–0.9 0.1–0.8 0.48 0.04–0.95 0.1–0.95

z 0.2–0.7 0.2–0.9 0.1–0.95 > 0.1 > 0.1

Q2 [GeV2] 1–24 > 4 (1)–2.5 9 10–2000 200–104

W [GeV] > 2 5.8

El′ [GeV] > 4.1 < 420 > 10 > 10

θl′ [rad] 0.04–0.22

Eh [GeV] > 2 > 5 > 4

pT [GeV] > 0.5
η -1.5–1.5
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Fig. 8. P
∗(+,0)
[e,e] for Λ hyperons, as a function of x, both

for positron (heavy lines) and electron (thin lines) beams.
The kinematical setup is typical for the HERA experiments
at DESY (see Table 1 for details). Results are given for all
the three scenarios of the polarized Λ FF of [4]. Unpolarized
(Λ + Λ̄) FF are from [4]; unpolarized GRV [14] partonic dis-
tributions have been used for the proton target. The crossing
at x � 0.1 for the case of the positron beam is due to the
interference between electromagnetic and weak contributions.
Since T = dσΛ̄/dσΛ is � 1 at large x and becomes com-
parable to unity at very low x, we expect, correspondingly,
P[e,e](Λ) � P ∗

[e,e](Λ) and P[e,e](Λ, Λ̄) � 2P[e,e](Λ, Λ̄) (see text
and Fig. 12 for more details)

tice that at very large energy scales E, when the mass
of the observed hadron Mh can be safely neglected, all
these variables coincide (excluding the regions where they
are comparable to Mh/E). However, the kinematics for
most of the running or forthcoming experiments on semi-
inclusive hadron production, which is the main subject of
this paper, are such that mass corrections can be relevant.
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Fig. 9. P
∗(0,0)
[e,e] for Λ hyperons, as a function of z, for various

“high-Q2” options of the HERA kinematical setup (see the
HERA* setup in Table 1 for details) and for a positron beam:
y > 0.1 (solid lines); y > 0.6 (dashed lines); Q2 > 4000GeV2

(dot-dashed lines). Results are given for scenarios 2 (heavy
lines) and 3 (thin lines) of the polarized Λ FF of [4]. Results
with scenario 1 are almost negligible. Unpolarized (Λ+ Λ̄) FF
are from [4]; unpolarized GRV [14] partonic distributions have
been used for the proton target (see text for more details)

We always neglect corrections due to the mass of the pro-
ton target, even though they might have some effects in
particular kinematical ranges.

Let us first briefly summarize the situation in the case
of the e+e− → ΛX process, which is used to fix the set
of Λ + Λ̄ fragmentation functions largely adopted in this
paper. The variables usually utilized are

xE =
2ph · q
Q2 =

2Eh√
s
,
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Fig. 10. P
∗(+,0)
[e,e] for Λ hyperons, as a function of z, both for

positron (heavy lines) and electron (thin lines) beams, and for
various “high-Q2” options of the HERA kinematical setup (see
the HERA* setup in Table 1 for details): y > 0.1 (solid lines);
y > 0.6 (dashed lines). Results are given for scenarios 2 and 3
of the polarized Λ FF of [4]. Results with scenario 1 are almost
negligible. Unpolarized (Λ + Λ̄) FF are from [4]; unpolarized
GRV [14] partonic distributions have been used for the proton
target (see text for more details)

xp =
2|ph|
Q

=
2|ph|√

s
, (54)

ξ =
p+

h

p+
q
,

where ph is the hadron three-momentum in the e+e− c.m.
reference frame. xE and xp are usually adopted by the
experimentalists, while ξ is more commonly used by the
theorists. At large energies, like in e+e− collisions at the
Z0 pole, and considering xE > 0.1, which is also required
for other theoretical reasons, see [4], mass effects are in fact
negligible and all these variables can be safely assumed to
be equivalent; the fragmentation function dependence on
ξ can then be directly identified with the xE dependence
shown by the experimental results. When mass corrections
are relevant, the connection of the variables defined in (54)
is given, at leading order, by the following:

xp = xEβ,

ξ = xE
1 + β

2
, (55)

where the factor β is defined as

β =
(
1 − 4M2

h

x2
Es

)1/2

· (56)

Let us now consider the case of semi-inclusive DIS, in
the virtual boson-target proton c.m. reference frame, for
hadron production in the current fragmentation region
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z
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Sc. 2

Sc. 3

Sc. 2
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−
Λ
Λ

Fig. 11. P
(0)
[ν̄,µ] for Λ (solid lines) and Λ̄ (dashed lines) hy-

perons, as a function of z, with a kinematical setup typical for
the NOMAD experiment at CERN (see Table 1 for details).
Results are given for scenarios 2 and 3 of the polarized Λ FF
of [4]. Results with scenario 1 are almost negligible. Unpolar-
ized (Λ + Λ̄) FF are from [4]; unpolarized GRV [14] partonic
distributions have been used for the proton target. Estimates
for P

(0)
[ν̄,µ] are obtained from (53) by using the corresponding re-

sults for P
∗(0)
[ν̄,µ], shown in Fig. 2, and evaluating T = dσΛ̄/dσΛ

with the Λ, Λ̄ unpolarized FF of [9] (heavy lines) and [16]
(thin lines); this last set has been modified by imposing SU(3)
symmetry. The spread between the two corresponding sets of
curves gives a good indication of the uncertainty due to the
evaluation of the ratio T . Notice that this uncertainty is al-
most negligible for large z, where polarizations are expected to
be sizable for both scenarios 2 and 3

(xF > 0). The usual variables are

z =
p · ph

p · q =
Eh + |ph|

W
,

xF =
2pL

W
=

2|ph|
W

, (57)

z′ =
Eh

Eq′
=

Eh

(1 − x)Ep
=

2Eh

W
,

where Eq′ is the energy of the parent quark in the process
q′ → h+X. xF and z are the variables usually adopted by
the experimentalists. However, as shown in [4], the appro-
priate scaling variable for semi-inclusive DIS is z′ rather
than xF.

Defining ε = Mh/W , the ranges of variation of the
three variables are

xF ∈
[
0,
(
1 − 4ε2

)1/2
]
,

z′ ∈ [2ε, 1], (58)

z ∈
[
ε,

1
2
{1 +

(
1 − 4ε2

)1/2}
]
.
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Fig. 12. P
(+,0)
[e,e] for Λ hyperons, as a function of x, both

for positron (heavy lines) and electron (thin lines) beams.
The kinematical setup is typical for the HERA experiments
at DESY (see Table 1 for details). Results are given for all
the three scenarios of the polarized Λ FF of [4]. Unpolarized
(Λ + Λ̄) FF are from [4]; unpolarized GRV [14] partonic dis-
tributions have been used for the proton target. Estimates for
P

(+,0)
[e,e] are obtained from (53) by using the corresponding re-

sults for P
∗(+,0)
[e,e] , shown in Fig. 8, and evaluating T = dσΛ̄/dσΛ

with the Λ unpolarized FF of [9]. The crossing at x � 0.1 for
the case of positron beam is due to the interference between
electromagnetic and weak contributions. Since T = dσΛ̄/dσΛ

is � 1 at large x and becomes comparable to unity at very
low x, we find, correspondingly, P[e,e](Λ) � P ∗

[e,e](Λ) and
P[e,e](Λ, Λ̄) � 2P ∗

[e,e](Λ, Λ̄) (see text and Fig. 8 for more de-
tails)

The expressions of the three variables as a function of
the other two are

xF = z′
(
1 − 4

ε2

z′2

)1/2

, xF = z

(
1 − ε2

z2

)
, (59)

z′ = xF

(
1 + 4

ε2

x2
F

)1/2

, z′ = z

(
1 +

ε2

z2

)
, (60)

z = xF
1
2

[
1 +

(
1 + 4

ε2

x2
F

)1/2
]
,

z = z′ 1
2

[
1 +

(
1 − 4

ε2

z′2

)1/2
]
. (61)

If we start from, e.g., a cross-section evaluated in our
formalism (we omit here the dependence on x and y)

dσ
dz

∝ Dh(z), (62)

the corresponding cross-section expressed as a function of
xF will be given by

dσ
dxF

=
dz
dxF

dσ
dz

∝ Dh[z(xF)], (63)

where, apart from the overall rescaling factor dz/dxF, one
must keep into account that fragmentation functions, ob-
tained in the variable z, are to be rescaled to the z value
corresponding to xF.

In variables like polarizations, given as ratios of two
cross-sections, the overall rescaling factors cancel out and
the remaining effect is the rescaling between the two vari-
ables in the fragmentation functions, according to (59)–
(61).

Of course, if the average value of the polarization over a
given kinematical region is required, the appropriate over-
all rescaling factors, like dz/dxF in (63), have to be taken
into account in the kinematical integrations.
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